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Asymptotic Tracking by a Reinforcement Learning Based Approach

In the evolving landscape of control engineering, the quest for controllers that can adapt to changing environments 

while guaranteeing long �term performance has led to a convergence of classical control theory and modern 

machine learning. One of the most compelling intersections is asymptotic tracking by a reinforcement learning 

basedframework, where an agent learns to drive a system’s output toward a desired reference with vanishing error

as time progresses. This article explores the theoretical foundations, practical implementation steps, and real �world

applications of this cutting �edge methodology, offering a comprehensive guide for researchers, engineers, and

practitioners eager to harness the power of reinforcement learning (RL) for robust, asymptotic control.

1. Understanding Asymptotic Tracking

1.1 What Is Asymptotic Tracking?

Asymptotic tracking refers to the property of a control system where the tracking error—the difference between the

system output and a desired reference signal—decreases to zero as time approaches infinity. In mathematical

terms, if \(e(t) = y(t) - r(t)\), asymptotic tracking requires \(\lim_{t \to \infty} e(t) = 0\). This concept is central to many

engineering domains, from precision robotics to autonomous navigation, where sustained accuracy is essential.

1.2 Why Is It Important?

•  Long �Term Stability: Systems that achieve asymptotic tracking maintain performance without drift, ensuring 

reliability over extended operation.

•  Robustness to Disturbances: Asymptotic controllers can recover from transient disturbances, maintaining 

convergence to the target trajectory.

•  Energy Efficiency: By minimizing steady �state error, such controllers often reduce unnecessary actuator 

activity, conserving energy.

2. Reinforcement Learning in Control Systems

2.1 Reinforcement Learning Basics

Reinforcement learning is a paradigm where an agent learns a policy \(\pi(a|s)\) to map states \(s\) to actions \(a\)

by maximizing cumulative reward \(R = \sum_{t=0}^{\infty} \gamma^t r_t\). Key components include the state space,

action space, reward function, and the learning algorithm (e.g., policy gradients, Q �learning, actor �critic).

2.2 RL vs Classical Control

Classical control techniques—PID, LQR, H"�—rely on explicit system models or linear approximations. RL, in

contrast, learns directly from interaction, enabling:

•  Model �free adaptation to unstructured environments.

•  Nonlinear control without requiring linearization.

•  Real �time policy updates through online learning.

3. Asymptotic Tracking via RL: Core Concepts



3.1 Policy Design for Tracking

In an asymptotic tracking context, the policy must generate control actions that drive the state toward a desired

trajectory while respecting system dynamics. Common strategies include:

1.  State Augmentation: Incorporate the reference signal into the state vector to enable the agent to anticipate 

future errors.

2.  Linear �Quadratic RL: Combine LQR structure with RL to preserve stability guarantees.

3.  Hierarchical Policies: Separate high �level planning from low �level stabilization, ensuring that long �term goals 

are met.

3.2 Reward Shaping for Asymptotic Behavior

The reward function is pivotal. To encourage asymptotic tracking, designers often use:

•  Negative Quadratic Error: \(r_t = -\|e(t)\|^2\), which directly penalizes deviation from the reference.

•  Terminal Reward: A bonus when the error falls below a threshold, reinforcing convergence.

•  Smoothness Penalties: Penalize abrupt changes in control to prevent oscillations that could hinder 

convergence.

3.3 Convergence Guarantees

While RL is powerful, theoretical convergence to asymptotic tracking is non �trivial. Researchers employ:

•  Lyapunov �based RL: Construct Lyapunov functions to certify stability during learning.

•  Policy Iteration with Constraints: Enforce safety constraints that preserve stability margins.

•  Off �Policy Evaluation: Validate policies using simulated rollouts before deployment.

4. Model �Free vs Model �Based Approaches

4.1 Model �Free RL for Tracking

Model �free methods learn directly from real �world interactions, eliminating the need for accurate system models.

Advantages include:

•  Applicability to black �box systems.

•  Flexibility to adapt to changing dynamics.

Challenges involve sample inefficiency and safety concerns during exploration.

4.2 Model �Based RL for Tracking

Model �based RL builds an internal model of the system, enabling planning and faster convergence:

•  Use of learned dynamics models to simulate future trajectories.

•  Integration with classical model predictive control (MPC) for safety.

•  Reduced sample complexity but increased computational burden.

5. Practical Implementation Steps

5.1 System Modeling and Identification

Even in model �free setups, a rough understanding of the system’s state space and actuator limits is essential.

Techniques include:

•  System identification via least �squares or subspace methods.

•  Use of physics �informed neural networks for hybrid modeling.



5.2 State Representation

Choosing the right state features can dramatically affect learning speed:

•  Raw sensor data versus processed features.

•  Inclusion of velocity, acceleration, or higher �order derivatives.

•  Normalization to maintain numerical stability.

5.3 Action Space Design

The action space should reflect actuator capabilities:

•  Continuous actions for fine �grained control.

•  Discrete actions for simpler hardware interfaces.

•  Bounded actions to respect physical limits.

5.4 Training Procedure

A typical training pipeline involves:

1.  Simulation Phase: Pre �train in a high �fidelity simulator to gather initial data.

2.  Domain Randomization: Vary parameters to improve generalization.

3.  Real �World Fine �Tuning: Transfer the policy to the actual system with cautious exploration.

4.  Continuous Monitoring: Log performance metrics to detect drift or divergence.

5.5 Deployment and Maintenance

Deploying an RL controller demands rigorous safety measures:

•  Fallback to a classical controller during anomalies.

•  Real �time monitoring of tracking error and actuator health.

•  Periodic retraining to accommodate wear �and �tear.

6. Case Studies

6.1 Robotics Manipulator Tracking

In a 7 �DOF robotic arm, an RL policy was trained to follow a complex trajectory while minimizing joint torque. The

reward function penalized both position error and energy consumption. The resulting controller achieved asymptotic

tracking within 0.5 /% of the reference and reduced energy usage by 15 /% compared to a PID baseline.

6.2 Autonomous Vehicle Path Tracking

A reinforcement learning agent was integrated into an autonomous sedan’s lateral control system. By augmenting

the state with a look �ahead reference, the agent learned to maintain lane position with asymptotic convergence,

even under varying road conditions. Safety constraints were enforced through a hybrid RL �MPC framework.

6.3 Industrial Process Control

In a chemical reactor, temperature and pressure were regulated using an RL policy that adjusted feed rates. The

policy achieved asymptotic tracking of setpoints, reducing overshoot by 25 % and improving product quality

consistency.

7. Challenges and Mitigation Strategies

7.1 Sample Efficiency

RL often requires large amounts of data. Techniques to improve efficiency include:



•  Using transfer learning from related tasks.

•  Employing curiosity �driven exploration to focus learning.

•  Leveraging model �based rollouts to supplement real data.

7.2 Safety Constraints

During exploration, unsafe actions can damage equipment. Mitigation methods:

•  Constrained policy optimization (CPO).

•  Shielding with safety layers that override risky actions.

•  Simulating worst �case scenarios before deployment.

7.3 Nonlinear Dynamics

Highly nonlinear systems pose challenges for convergence proofs. Approaches include:

•  Piecewise linear approximations.

•  Adaptive learning rates that slow exploration near critical points.

•  Hybrid control combining RL with robust nonlinear controllers.

7.4 Exploration vs Exploitation

Balancing exploration and exploitation is vital for achieving asymptotic tracking:

•  Entropy regularization encourages exploration while maintaining stability.

•  Scheduled exploration decay allows the policy to refine its behavior over time.

8. Future Directions

8.1 Meta �Reinforcement Learning

Meta �RL aims to
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